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ABSTRACT

In this paper we introduce an approach to increase integration rate of elements of an comparator cir-
cuit. Framework the approach we consider a heterostructure with special configuration. Several specif-
ic areas of the heterostructure should be doped by diffusion or ion implantation. Annealing of dopant
and/or radiation defects should be optimized.
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1. INTRODUCTION

An actual and intensively solving problems of solid state electronics is increasing of integration
rate of elements of integrated circuits (p-n-junctions, their systems et al) [1-8]. Increasing of the
integration rate leads to necessity to decrease their dimensions. To decrease the dimensions are
using several approaches. They are widely using laser and microwave types of annealing of in-
fused dopants. These types of annealing are also widely using for annealing of radiation defects,
generated during ion implantation [9-17]. Using the approaches gives a possibility to increase
integration rate of elements of integrated circuits through inhomogeneity of technological para-
meters due to generating inhomogenous distribution of temperature. In this situation one can ob-
tain decreasing dimensions of elements of integrated circuits [18] with account Arrhenius law
[1,3]. Another approach to manufacture elements of integrated circuits with smaller dimensions is
doping of heterostructure by diffusion or ion implantation [1-3]. However in this case optimiza-
tion of dopant and/or radiation defects is required [18].

In this paper we consider a heterostructure. The heterostructure consist of a substrate and several
epitaxial layers. Some sections have been manufactured in the epitaxial layers. Further we con-
sider doping of these sections by diffusion or ion implantation. The doping gives a possibility to
manufacture field-effect transistors framework an integrator circuit so as it is shown on Figs. 1.
The manufacturing gives a possibility to increase density of elements of the comparator circuit
[4]. After the considered doping dopant and/or radiation defects should be annealed. Framework
the paper we analyzed dynamics of redistribution of dopant and/or radiation defects during their
annealing. We introduce an approach to decrease dimensions of the element. However it is neces-
sary to complicate technological process.
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Fig. 1. The considered comparator circuit [4]
2. METHOD OF SOLUTION

In this section we determine spatio-temporal distributions of concentrations of infused and im-

planted dopants. To determine these distributions we calculate appropriate solutions of the second
Fick's law [1,3,18]

OC(xy,2t)
ot
7 2 Clx,v,z,t 7 dC(x,v,2,t 7 & Clx, vzt
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dx dx dy dy 0z dz
----- ¢y
Boundary and initial conditions for the equations are
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The function C(x,y,z,t) describes the spatio-temporal distribution of concentration of dopant; T is
the temperature of annealing; D¢ is the dopant diffusion coefficient. Value of dopant diffusion
coefficient could be changed with changing materials of heterostructure, with changing tempera-
ture of materials (including annealing), with changing concentrations of dopant and radiation de-
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fects. We approximate dependences of dopant diffusion coefficient on parameters by the follow-
ing relation with account results in Refs. [20-22]

D. = DL(x,y,z,T){l+ 5%}{“ glv (X\’/X’Z’t) + gzvz(@%;z t)} - (3)

Here the function D (x,y,z,T) describes the spatial (in heterostructure) and temperature (due to
Arrhenius law) dependences of diffusion coefficient of dopant. The function P (x,y,z,T) describes
the limit of solubility of dopant. Parameter » €[1,3] describes average quantity of charged defects
interacted with atom of dopant [20]. The function V (x,y,z,t) describes the spatio-temporal distri-
bution of concentration of radiation vacancies. Parameter V" describes the equilibrium distribu-
tion of concentration of vacancies. The considered concentrational dependence of dopant diffu-
sion coefficient has been described in details in [20]. It should be noted, that using diffusion type
of doping did not generation radiation defects. In this situation = &= 0. We determine spatio-
temporal distributions of concentrations of radiation defects by solving the following system of
equations [21,22]
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Boundary and initial conditions for these equations are
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Here o =1,V. The function I (x,y,z,t) describes the spatio-temporal distribution of concentration of
radiation interstitials; D,(x,y,z,T) are the diffusion coefficients of point radiation defects; terms
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VA(x,y,z,t) and 1%(x,y,z,t) correspond to generation divacancies and diinterstitials; k; v(x,y,z,T) is the
parameter of recombination of point radiation defects; k (x,y,z,T) and ky.(x,y,z,T) are the parame-
ters of generation of simplest complexes of point radiation defects.

Further we determine distributions in space and time of concentrations of divacancies @ (x,y,z,t)
and diinterstitials @(x,y,z,t) by solving the following system of equations [21,22]
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Boundary and initial conditions for these equations are
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Here Dg,(X,y,z,T) are the diffusion coefficients of the above complexes of radiation defects;
ki(x,y,z,T) and ky (x,y,z,T) are the parameters of decay of these complexes.

We calculate distributions of concentrations of point radiation defects in space and time by re-
cently elaborated approach [18]. The approach based on transformation of approximations of dif-
fusion coefficients in the following form: D,(X,y,z,T)=Dq,[1+¢,0,(X,y,z,T)], where Dy, are the av-
erage values of diffusion coefficients, 0<¢,<1, |g,(X, ¥,z,T)[<1, p =I,V. We also used analogous
transformation of approximations of parameters of recombination of point defects and parameters
of generation of their complexes: kiv(X,y,z,T)=Koiv[1+&v Oiv(XY,2,T)], Ki(X,y,2,T)=ko [1+&
g1i(xy,z,T)] and ky(X,y,z,T)=Kov,v [1+&vv Ovv(X,y,Z,T)], where ko, 2 are the their average values,
0<gyv <1, 0<g, <1, 0<&\<1, | giv(XY,Z,TILL, | 91i(X%,y,2,T)IL1, |gvv(X,y,z,T)[<1. Let us introduce

the following dimensionless variables: I~(x,y,z,t):I(x,y,z,t)/l*, \7(x,y,z,t):

=V (x,y,zt)V", @=Lk, /D, D, , Q =Lk, /{D,D, . $=./D, D, t/L%, 4

=xlLy, n=YylLy, ¢=1/L,

The introduction leads to transformation of Eqgs.(4) and conditions (5) to the following form
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We determine solutions of Eqs.(8) with conditions (9) framework recently introduced approach
[18], i.e. as the power series

,5()(,77,4’5,'9):?8;? i Q' 5, (x.m.4,9). - (10)

-0 -0

—_

Substitution of the series (10) into Egs.(8) and conditions (9) gives us possibility to obtain equa-
tions for initial-order approximations of concentration of point defects IOOO(}(,U,(/ﬁ,S) and

V. ()(,77,(15,9) and corrections for them rijk(;(,n,¢,n9) and \ij()(,n,gé,g), i >1, j >1, k >1.

000
The equations are presented in the Appendix. Solutions of the equations could be obtained by
standard Fourier approach [24,25]. The solutions are presented in the Appendix.

Now we calculate distributions of concentrations of simplest complexes of point radiation defects
in space and time. To determine the distributions we transform approximations of diffusion coef-
ficients in the following form: Dg,(X,Y,2,T)=Doap[1+ €0,9a5(X.y.Z,T)], Where Dyy), are the average
values of diffusion coefficients. In this situation the Eqgs.(6) could be written as

ﬁq)l(;’ty’z’t) = DO(DI ;({[1+g¢|gm| (X:yaZ:T)]aq)l(;;(y’z,t)}‘l' k|,| (X,y,Z,T) |2(X,y,Z,t)+
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Farther we determine solutions of above equations as the following power series

(Dp(X,y,Z,t):igfbp(l)pi(x,y’z,t)_ """ (11)

Now we used the series (11) into Eqgs.(6) and appropriate boundary and initial conditions. The
using gives the possibility to obtain equations for initial-order approximations of concentrations
of complexes of defects @0(x,y,z,t), corrections for them @,i(x,y,z,t) (for them i >1) and boundary
and initial conditions for them. We remove equations and conditions to the Appendix. Solutions
of the equations have been calculated by standard approaches [24,25] and presented in the Ap-
pendix.

Now we calculate distribution of concentration of dopant in space and time by using the ap-
proach, which was used for analysis of radiation defects. To use the approach we consider follow-
ing transformation of approximation of dopant diffusion coefficient: Di(Xy,z,T)=Dq[1+
&9.(x,y,z,T)], where Do is the average value of dopant diffusion coefficient, 0<g< 1,
lgL(x,y,z,T)|<1. Farther we consider solution of Eq.(1) as the following series:
C(xy.zt)=2e3&'Cy(xy.2.t).

o0
-0

N

—

Using the relation into Eq.(1) and conditions (2) leads to obtaining equations for the functions
Cij(x,y,z,t) (i 21, j 1), boundary and initial conditions for them. The equations are presented in
the Appendix. Solutions of the equations have been calculated by standard approaches (see, for
example, [24,25]). The solutions are presented in the Appendix.

We analyzed distributions of concentrations of dopant and radiation defects in space and time
analytically by using the second-order approximations on all parameters, which have been used in
appropriate series. Usually the second-order approximations are enough good approximations to
make qualitative analysis and to obtain quantitative results. All analytical results have been
checked by numerical simulation.

3. DISCUSSION

In this section we analyzed spatio-temporal distributions of concentrations of dopants. Figs. 2
shows typical spatial distributions of concentrations of dopants in neighborhood of interfaces of
heterostructures. We calculate these distributions of concentrations of dopants under the follow-
ing condition: value of dopant diffusion coefficient in doped area is larger, than value of dopant
diffusion coefficient in nearest areas. In this situation one can find increasing of compactness of
field-effect transistors with increasing of homogeneity of distribution of concentration of dopant
at one time. Changing relation between values of dopant diffusion coefficients leads to opposite
result (see Figs. 3).

It should be noted, that framework the considered approach one shall optimize annealing of do-
pant and/or radiation defects. To do the optimization we used recently introduced criterion [26-
34]. The optimization based on approximation real distribution by step-wise function w (x,y,z)
(see Figs. 4). Farther the required values of optimal annealing time have been calculated by mi-
nimization the following mean-squared error
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Fig. 2a. Dependences of concentration of dopant, infused in heterostructure from Figs. 1, on coordinate in
direction, which is perpendicular to interface between epitaxial layer substrate. Difference between values
of dopant diffusion coefficient in layers of heterostructure increases with increasing of number of curves.
Value of dopant diffusion coefficient in the epitaxial layer is larger, than value of dopant diffusion coeffi-

cient in the substrate
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Fig. 2b. Dependences of concentration of dopant, implanted in heterostructure from Figs. 1, on coordinate
in direction, which is perpendicular to interface between epitaxial layer substrate. Difference between val-
ues of dopant diffusion coefficient in layers of heterostructure increases with increasing of number of
curves. Value of dopant diffusion coefficient in the epitaxial layer is larger, than value of dopant diffusion
coefficient in the substrate. Curve 1 corresponds to homogenous sample and annealing time ® = 0.0048
(LX2+Ly2+L22)/Do. Curve 2 corresponds to homogenous sample and annealing time ® = 0.0057
(LX2+Ly2+L22)/Do. Curves 3 and 4 correspond to heterostructure from Figs. 1; annealing times ® = 0.0048
(Lé+L,*+L,%)/Dg and © = 0.0057 (L,® +L,*+L,%)/Dy, respectively
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Fig.3a. Distributions of concentration of dopant, infused in average section of epitaxial layer of heterostruc-
ture from Figs. 1 in direction parallel to interface between epitaxial layer and substrate of heterostructure.
Difference between values of dopant diffusion coefficients increases with increasing of number of curves.

Value of dopant diffusion coefficient in this section is smaller, than value of dopant diffusion coefficient in

nearest sections
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Fig.3b. Calculated distributions of implanted dopant in epitaxial layers of heterostructure. Solid lines are
spatial distributions of implanted dopant in system of two epitaxial layers. Dushed lines are spatial distribu-
tions of implanted dopant in one epitaxial layer. Annealing time increases with increasing of number of
curves
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Fig.4a. Distributions of concentration of infused dopant in depth of heterostructure from Fig. 1 for different
values of annealing time (curves 2-4) and idealized step-wise approximation (curve 1). Increasing of num-
ber of curve corresponds to increasing of annealing time
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Fig.4b. Distributions of concentration of implanted dopant in depth of heterostructure from Fig. 1 for dif-

ferent values of annealing time (curves 2-4) and idealized step-wise approximation (curve 1). Increasing of
number of curve corresponds to increasing of annealing time
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Fig. 5a. Dimensionless optimal annealing time of infused dopant as a function of several parameters. Curve
1 describes the dependence of the annealing time on the relation a/L and &= y= 0 for equal to each other
values of dopant diffusion coefficient in all parts of heterostructure. Curve 2 describes the dependence of

the annealing time on value of parameter ¢ for a/L=1/2 and £= y= 0. Curve 3 describes the dependence of
the annealing time on value of parameter &for a/L=1/2 and &= y= 0. Curve 4 describes the dependence of

the annealing time on value of parameter yfor a/L=1/2 and e= £=0
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Fig.5b. Dimensionless optimal annealing time of implanted dopant as a function of several parameters.
Curve 1 describes the dependence of the annealing time on the relation a/L and £= y= 0 for equal to each
other values of dopant diffusion coefficient in all parts of heterostructure. Curve 2 describes the depen-
dence of the annealing time on value of parameter &for a/L=1/2 and £= y= 0. Curve 3 describes the de-
pendence of the annealing time on value of parameter &for a/L=1/2 and &= y=0. Curve 4 describes the
dependence of the annealing time on value of parameter y for a/L=1/2 and e= £=0

We show optimal values of annealing time as functions of parameters on Figs. 5. It is known, that
standard step of manufactured ion-doped structures is annealing of radiation defects. In the ideal
case after finishing the annealing dopant achieves interface between layers of heterostructure. If
the dopant has no enough time to achieve the interface, it is practicably to anneal the dopant addi-
tionally. The Fig. 5b shows the described dependences of optimal values of additional annealing
time for the same parameters as for Fig. 5a. Necessity to anneal radiation defects leads to smaller
values of optimal annealing of implanted dopant in comparison with optimal annealing time of
infused dopant.

4. CONCLUSIONS

In this paper we introduce an approach to increase integration rate of element of an comparator
circuit. The approach gives us possibility to decrease area of the elements with smaller increasing
of the element’s thickness.
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APPENDIX

Equations for the functions Tijk (x.17.,6,9) and V.

(}(,77,¢,z9), i >0, j >0, k >0 and conditions

ijk

for them

ar‘OOO(Z’U’¢’19) — DOI |:82r000(z’77’¢’19) + 62EOO(Z’U’¢’19) + 62?;00(%’77’¢"9):|

o9 D o on’ o

ov

09 D

Noww(2:1:6:9) _ [Dyy {82\7000(1,77,¢,19)+82\7000(1,77,¢,19)+82\7})00(1,77,%9)};

oy’ on’ o¢*

ol
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arioo(lv‘g) _ D,, |:az oo(/'LV 7.9, ‘9) o, oo()( 7.9, ‘9) o°l, oo(l 7.9, l9):| D,, <
09 Dov a){ 677 a¢ Dov
% {66|:g| (Z1U!¢!T) '—100(/1’ 7, ¢ 19):| |:g ( .17, ¢ T) »_100(;('77,¢119)}+
y4 ox n
o i 100(}( n, ¢ '9) ,1>1,
+a¢{g (z.m.6T)° 54
aVloo(}( L9) t;l |:82V|oo(}( 1,9, ‘9) azVuoo(ﬂf 277 X2 '9)+ zvuoogﬂ;ﬂ P, '9):|+6i[gv (1177,¢,T) %

]9 19
6V| ~100 Z n.9, } ov Dy |:gv 2T -100(}( n.9. ):| aa¢[gv (Z n,d, T)

y aVi-loo (;(1771¢' '9) Doy ,i>1,
o Do,

Oloo(2.1.8.8) _ [Dy | loe(z..8.8) , lag(z.1.6.9) 1o (2.m.6.9) |
o9 D P on’ o’
[1+‘9|vg|v(7(’77 ¢T)] 000(7(’77 P, 19) ooo(Z177 @, 19)

Nyl 2:11:8:9) _ [Dy | Va2, Ul $.9) , Noo(x.1.0.9) | N(x.m.8.9) ]
09 D,, oy on’® op

[1+8|Vg|V(Z 77 ¢ T)] OOO(Z 77 ¢ 19) OOO(% 77 ¢ 19).
Olo(2.1.6.9) _ D, [82 ool X 7., 9) , Olo(x1.8.9) | Oly(2.1.4, 9)}
09 D,, oy’ on’ o¢’
[1+€|Vg|V( ’77 ¢ T)] [I 010 ’77 ¢ l9) 000( ’77 ¢ l9)_+_ IOOO( ’77 ¢ l9) 010(%’77 ¢ 19)]

Now(2.1.8.:9) _ [Dy | NVuox.1.8.9) , Nox.1.8.9) , Nowlz.1.6.9) |
08 D,, o 1 on o

20090 G 8T o (2.8, 9V (1.9 + T (.7, o (2.6, 9)
5?001(;(,77,¢,.9): D, 62r001(7(!771¢"9)+82r001(7(’77!¢1‘9) o Ioo1()( 7,9, ‘9)
09 Dy, i 0 x? on’ o¢°
~f+e,0,, (rn s T (0.0.9)
5\—/:)01(;(,77,¢, L9) _ Dy 52\7001(;(,7]@, ‘9)+ 62\7001(7(’77’¢’ ‘9) 0 Vom(l 7,9, '9)
084 Do | 0y’ on’ o¢’
~[+e,0, (rns TNz, ¢ 9);
01,(2.1.$.9) _ [Dy | &Lu(x.1.8.9) , &V(xm.4.9)  lzm.9.9) |, [Dy
09 D,, ox’ on’ o¢’ Do

x{%{gl()b%@ﬂw}ri{@h(Z:%%ﬂw} o (em a7~

ox on on o0¢

\Y
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% 8inlO(//Z’n'¢"9

o¢

8\7;[10(%’77’¢’19) —

):|} [IlOO(Z n.¢, 19) 000(7( n.¢, ‘9) 000(7( n.¢, ‘9) 100(;( ¢, ‘9)]

Vool2.11.8.9) , ONuo(x1.8.9) | NVyo(x.1.6.9)

le ||g||(Z1;? )J
{
01

J

29 o7 on? o4
BZV, {aa[gv (;(J%;zﬁ,T)av"“)(;‘;;7 1 ’9)} |:gv()( n.9, T) °1°(g;777’¢"9)J+
v \avom(;( 7, ¢ ‘9) _ =
+ 8¢[9V (xm.¢.T o0 h+s,9,, (x.7.6.T)]

B/lOO(Z 77 ¢ "9) 000( ’77 ¢ l9) OOO(Z 77 ¢ 19)—‘;00( ’77 ¢ 9)]

Mool 11,89 _ O lo1.8.9) | O loox1.8.9) | lopa2.1.8, 9)}
09 DOV i o x? on’ o¢’
_[1+€|Igll(l’77 ¢T ]I001 ’77¢19)I000( ’77¢L9)
Noo(2.11.:8.9) _ [Dy | Noo(2.1.8.9) | Now(2.1.8.9) | Now2.1.8.9) | _
89 D,| o4 on’ oF |
[1+ VgVV( ’77 ¢ E)]V001( ’77 ¢ 19) OOO(Z’U ¢ l9)’
Oo(2.11.8.9) _ O ln(x.1.9.9) oz m.8.9) , FLlxn.9.9) ],
o9 DOV R an? op |
Bzv' {66;([9'(1'77 .12 '001(’5; #: ‘9)} . [g (r.$T)° '001(764;;7’%9)}
e e A [T A
8V101()(’77’¢"9) — DO [ lOl(Z 77 ¢ l9) a IOI(Z 77 ¢ l9) a lOl(Z 77 ¢ 19)}
09 D,, ox’ on’ o¢’
& i \a 001()( n.¢, '9) \5V001(;(,77,¢,.9)
D {al[gv(zn(ﬂ p } an[gv(ﬂm%ﬂ o +
v 2 0 emp )AL, 8T el 8.5 ,9)
a|011(g:;7’¢"9): gm 0 |011(6Z'Z7v¢"9)+8 |011(sz7v¢"9)+a |011(Zv277v¢"9) —|~010(ZJ71¢,9)><
o L Y4 on a(/5 ]
[1+g|,|g|,| (Z’n’¢ T)] ’:)00(1’77'¢"‘9) [1+8|Vglv l 77 ¢ T ] 00 l 77 ¢ 9) OOO(Z 77 ¢ 19)
6V011(g1;71¢"9) — I[D)ov a Voué;( :71¢"9)+ 011(;( U ¢ ‘9) 011()( 7 ¢ ‘9) 110(;(’77’%[9))(
o L X on’ 0’

<[t &, 000 (21 T Wi 1 6.9)- [+ £, 0,0 (18 )] oo 18,9V 1.0,9):
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85, x.n.9.9) _o 2P (77.6,9) 0. %7 2ne8)
5I L OI w1 5?? ” |
en -l :
Opi._:.__.‘_(]J 1, an.g} —0. O'.GE-_:-_.-‘.(}’,?},(;&, ‘9} =0 (i 20,720, k 20);
ol =0 o9 o=t

Posclt:11:80)=f.(x.1m.8)/ 0", Py (x.m.$0)=0 (i 1,j=1,k>1).

Solutions of the above equations could be written as

~ 1 22
Puolz1.:8) =7+ 2 F, c(x)c(n)clpe,, (9).
where F_ =ijcos(;rnu)}cos(ﬂnv)}cos(ﬂnw)fnp(u,v,w)d wdvdu, c(z) = cos (7 n
p 0

2. e,(9)=ep(-7n8,/D,, /D, ), e, () =exp(- = 219./D0,/D0V)5~
'mo<z'n,¢ﬂ9>=—zﬁjgnz_lncnw)c(n)c(wen.(s)gen.(_f)isn(u):cn(vg6'imo(u,v’wﬂx

ou

6, (W), [0y wT) dwdvdud 27 ﬁ e, (2)eln)eld)e, (9)e, (o), u)fs, )+

x Tcn(w)g, (uv,w,T )wd wdvdudz— Zﬂ\/DT'incn(;()c(n)c(qﬁ)en,(s)fem(— 7)x

0 ov n=1

% fc, (), (v)s,(w)g, (u ,v,w,T)a ri‘“"’gjv’\y’w’r)d wdvdudz,ix1,
Voolz1.9.8) = =2 [ 22-5:nc, (2)en)elg)e,, (8)]e, (- )]s, W), 0)] g, (uv.wT) x
< sy uavauar [P Snc, (el (9)fe, (e, ) 0)

< 2fc (W) gv(u,v,W,T)%Hdwdvdudr 2 J: $nc. (4 )c(n)c@)e.. (9) x

\' n=1

<Jeu- e, e s W, (v wn)MelDgwavdudr iz
where sp(y) = sin (zn p);
Bz 1.9.9) =25 ¢, (2)c,(n)c, @)e, (9)fe,, (= 0)ic, )] e, W) e, (w) <
[1+<9.v9.v(u v,w,T)] Iooo(u V,W r)VOOO(u v,w,7)dwdvdudr;
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D5 ¢, (2)e, (), (e, ()], (- e, We, e, W)L+, x

ov

15020(7(’77'¢"9) =-2

~ ~

x g,y (N WU W e Vo U,y w,z) + T (u,v,w, 2 V(U v, w,r)| d wd vd ud 7

I
Pl 21.6:9)=25¢,(x)c, (), (B)e,, (9)]e,, (- 2)]c, (u)e, (v)e, (w) x

x|1+e, g, (uv,wT)| 52.(uv,wz)dwdvdudz;

P .6.8)=-25c,(2)c n(n>cn<¢>enp<9>jenp(— o)c, W)e, W)]e, (w)

<[L+e,,9, (UVWT)| BooiU,V,W,7) Bou,v, W,z )d wd vd ud 7

Lol 77.8.8) = —27 [ 22 $nc, (2)e, (7)e, (#)e, (e, (- )]s, W) e,W)]e, W) =

x g, (u,v,w,T)a I‘—l"(’(; ’V’W’T)d wdvdudz—27 /%gncn (x)c,(m)c,(p)e,, (&) x
ov

u
Xfe”' (- T)}C”(U)Jl.sn(v)j.cn(u)gl (u ,V,W,T)a Ii’100(u’V’W’T)d wdvdudr —Z”JEX
0 0 0 0 av DOV

N

0oV WT) 4 dvdud 7 x

<Sne, (9)fe, (- )c,u)c,0)fs, @)g, (uvawT )=
<c,(2)e,(n)e,(9)-25¢,(2)e. (9)c, (n)e, (e, (= o) e, @) e, W)]c, (W + 5, »

ST ORAA D) I CRVATES VAN FRVATRS E W (TRYA™ r)VlOO(u V,W r)]d wdvdudz
Tl 8.9) -2, (2 506,k o) 09N (s 0 0 0)

) Meslb00) g g ygud 27 (22 Sne, (e (), (e, (9)
OI

O —
('D

O

x g, (u,v,w,T

1

Je o s e 0o, rnn) o gugvauds -or [P

0 0 0 0 \'

0 1 1

><Z‘inenv(lg)fenv(—T)_[CH(U)].CH(V)J' ( )gv(u v, WT\G 'lOO(auWV’W’T)

<, (2)e, e, )-25c, (e, (9)c, e, (e, (o), W)e, )L+, g, LvwT)]x

0

dwdvdudz x

~ ~

X Cn(W)[Iloo(u’V1W’7)Vooo(u v,wW T)+ Iooo(u v,W T)\Zoo(u V,W T)] dwdvdudz;

T 0)=2x | 250, (e ) 0, (e, ()5 0 0] 0, avanT)
<o, 2N g wavaud s - 25 (2o Sinc, () e, (1) . @) e, (9)

ou
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><}sn(v)}cn(w)gI (u ,V,W,T)Md wdvdudz— 2”@2”%(9)%(%)%(77)% (#)

0 0 oV

ol (uv,w,7)
ow

x[e (=7)fc,(u) cn(v)isn(w)gI (uv,w,T)

xe (9)[e, (- r)jcn(u)}cn(v)} w) [L+&,,9,, (VW T )]V, w,2) Vo (uv,w,z) dwd vd ud 7

dwdvdud r—Zicn(;g)cn(n)cn(qj) x

1

Dov nzl nc,(z)c,(7)c, (e, (S)Ienv (- r)i s, (U)IC” (v)£ g, (U,v,w,T)x

\7;01(;(!77!¢"9) =27

9 1

B AL CRALa PR \/?nf_‘lncn(;()cn(n) c.(9)eu @V, (oo )x

ou

s, e, vt WD) gy gug 2 \/?f_lnen,w)cn(;()cn(n)cn(@><

0 0 ov

x fenv (- r)}cn (u)}cn (v)l s, (w)g, (u,v,w,T )Wd wdvdudz— Zécn(;()cn(n)cn(gé) x

x env(19)[env(—r)}cn(u)}cn(v)jcn Y+e,9,, UVWT)]TeuVv,W,7)V,(uv,w,z) dwd vdud 7

Lzm.4.9)=-25¢,(2)e,(n)c W)Aiﬁ%( ﬁq@ﬂcwnc<>{mwvwr>

UV, )+ [, G,y (U )]0V, W, Vi (Uv,W,7)}d wd vd ud 7

><[1+5|.9|| (uv,w,T ]I

010

U, 1.9.8)=-25c,(2)c,(n)e, (B)e,, (9)]e., (= e, ()], (v)], (w){Tluvawie)
UVWT)V

x[l+e,9,, (uv,wT ]I010 (u,v,w,z)+ [1+€|v9.v(u v,w,T ]IOO1 000(u vw,)jdwdvdudz.

Equations for functions @,i(x,y,z,t), i 20 to describe concentrations of simplest complexes of radi-
ation defects.

OD,,(%,y,2,t) _ D D, (x,y,2 t) D, (x,y,2 t) D, (x,y,2 t)
ot ot ox? ay? o7?

+k,, (x,y,2,T)1%(x,y,z2,t) =k (x,y,2,T)1 (x,y,2,t)
O Dyo(%,y,2.t) _ D [0”2 ®@,,(x,y,z t) oD, (X, y,z,t) o, (X, y,z,t)}
ot oo ox? oy’ oz’
+k,, (%, ,2, T IV2(x,y,2,t) =k, (X,y,2 TV (x,y,2,);
ﬁd),i(x,y,z,t): Dw[ﬁ D, (x,y,z t) oD, (x,y,z t) 5D, (x,y,z, t)}

ot O X? ay? oz°
o oD, (x,y,z1) oD, (x,y,z,t)
D Y, ,T li-1 T\ li-1
+ Dy, {—ax[g@ (xy,2T)—"= } ﬁy[gq,. (x.y,2 oy +
o 20, (xy,zt)]| .
+—— gy, (x,y,2,T)—= 21,
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5CDVi(x,y,z,t)_D {
- oov

ot

2 2 2
0 CI)Vi(x,y,z,t)Jr 2 (I)Vi(x,y,z,t)+ 0 CIDVi(x,y,z,t)}+

26 oy’ o1’
i od,, (xy.zt)] & oD, (x,y,2,t)
+D,,,{ — X,y,2,T ) —2 +— X,y,2,T ) —2 +
0®V{§X|:g(w( y ] AX ﬁy gcpv( y / éy
o 2D, ,(x,y,z,)]] .
+—— Qg (x,y,2,T)—22 21,
Boundary and initial conditions for the functions takes the form
EEI}_QE (xJ v, z, I] — 0 EEI}__?:.[:{,}:J z, I]| 0 e . I,(_:c,} z.t) o
6.‘( x= : ax |x-.I‘ : 5 }! v=0 :
oD, (x, v.21)
’ ,_\ =0=
oy -z,
D _(x,y.z.t) D (x,v,z.t)
S - =0, caiks — . =0, 20; S00xy.2z,0)= . (x2.2)
¢z Tt oz Tl

& (.2, 0=0, =1,

Solutions of the above equations could be written as

1 2 = 2 =
CDpO(X’y’Z’t): L L L + L L L nzzlanpcn(x)cn(y)cn(z)end)p(t)+Enzzin Cn(X)Cn(y) Cn(z)><
Xy z

Xy oz

< e, (O] e, (- 2)fe, @) fo, () fo, W)k, (v w, T (uv.w,e) -

—k, (u,v,w,T)I(u,v,w,7)Jdwdvdudr,
Where F,, = Lfcn (u)Ljycn (v)Lfcn(w) f,, (Uv,w)dwdvdu,
6., (t)=exp|- 7;2(;12D0¢:t(L;2 ; L2+ L2)], ca0) = cos (zn XL,
®,,(ky.2t)= - Ene

e (y)e,@)e, e, (s e, 0], (vwT)x

oD, ., (uv,w,z)

X C, (W)

dwdvdude - 73 nc, (X, (), (e, , (e, (- )

Xy

y 290, . (u,v,w, ©
efe, ol )75, 60 (W, (v 2 g gy auar - 27 5o
t L L L

Z é’@ A y y y
[s,(w) 'p';(l\JNV w.r) g, (uv,w.T)dwdvdudz x

xc,(x)c,(y)c,(2). izt

Xy —z

where sy(x) = sin (z n x/Ly).
Equations for the functions Cjj(x,y,z,t) (i 20, j >0), boundary and initial conditions could be writ
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ten as

2 2 2
acoo(g;yllt) — DOL 0 Cooéxizy’zlt)_'_ D0|_ 0 Coo(x1zy’zlt)+ DOL o COO(X,Zy,Z,t);
X oy 0z

0C,(x.y.zt) _ FCio(x,y,z,t) O°Cy(xy,21) , 8°Cy(x, y,z,t)}+

ot ox? oy? 0z7°

0 0C,_,(X,y,zt 0 oC._.(x,y,z.t
+D0L&[QL(X,y,Z,T) i~ (axy )}_’_ D0L8_y|:gL(X’y’Z’T) ( y ):|+

oy
+D,, i[gL(X,y,Z,T)aCilO(X’y’Z’t):| ,i>1

oz
0Cy(x.y,2,t) _ 5 a"‘COl(x,y,z,t)+ o 0 °C,,(x,y,2,t) .p @ ’C,,(x,y,2 t)
ot o ox? o oy’ o 0z’
N DOL— CL(x,y,z,t) 6C,,(x,y,z,t) N DOL— CL(x,y,z,t) 6C,(x,y,z,t) N
O X Py(xsz) X oy| P’ (x,y,z,T) oy
d [ 7(x,y,2,t) 8C,,(x, y,z,t)}

“oz| P"(x,y,z.T) 0z

a(:02()(’y’z’t) — DOL OZ(X’Zy’Z’t)+ D0|_ az OZ(X y’z’t) DOL 82 02(X y,Z,t)
ot oX oy’ 0z’

+ D0|_ ai C01(X y,Z,t \ny_ (X Y.z t)acoo(x Y.z t) C01(X y,zt )ny_ (X Y,z t)
X P"(x,y,2,T) OX ay P(x, y,z,T)

) acoo(x,y,z,t)} 2 [ (xy.2 t\C?‘l(x y,z,1)0C,,(X,y,z t)}}ju

oy P’ (x,y,z,T) 0z

% 6Coo(xlyiz't):|+a|:C01(X’y'Z’t\Cg0 (X’y1z1t)aCoo(X'y’Z't):|}+ DOL{ 0 {Cy (X Y.z t)

oy 0z "Pr(x,y,2,T) oz ox| P’(x,y, zT)

Xacm<x,y,z,t)}J{cgo(x,y,z,t)acm(x,y,z,tq+g{cgo(x,y,z,t>ac()l(x,y,z,t)}
P’ P’

dX oy| P7(x,y,z,T) oy oz| P’(x,y,z,T) oz

oC,,(x,y,z,t 0°C,.(x,y,z,t | °C,.(x,y,z,t Gcll(xyzt)
Sl BY2Y +D +D

ot o ox’ o oy’ o 0z’

2 |ednyan (X’y’z’”“w(‘y’z’t)}%[cw(x,y,z,t)—%' y.2),
X

P"(x,y,z,T) OX P"(x,y,z,T)

aCoo(Xth) C (Xy t\C (Xth)aCOO(Xth) D+
oy 62 10 "Pr(x,y,z,T) oz o

+D°L{ax{ 2(X,Y,2.t) 9C,(X,y.2, t)}Lay{CV(x Y,2,t) 8C, (x,y,z, t)}

P’ (x,y,z,T) OX P’ (x,y,z,T) oy
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o[ Glragoclranll. o (0], (yameSaleszd],

P’ (x,y,2,T) 0z OX
a[gL(X’y’Z’T)acm(x Y., t)} [g (x.y.2 T\8C01(X Y.z, t)}

+6y oy oz
oC,(x,y,2.t) o oC,(x,y,z.t) o oC,(x,y.zt) o
é’x x=0 | O”X x=Ly | é)y ‘y:O |
oC,(x.y,z.t) 0
é)y ‘y:Ly |
oC,(x,y,z.t) _ oC,(x,y,z.t) _0.i%0,j50
0z o 0z L,

Coo(x,y,2,0)=fc (x,y,2), Cij(x,y,2,0)=0, i =1, j >1.

Functions Cjj(x,y,z,t) (i 0, j >0) could be approximated by the following series during solutions
of the above equations

Colkyz )= 5 L EFe6 (00000 2t

Here 202 1 1 1
e.(t)= exp{ n’D,.t { -+ H '
c crete

F =Lfcn(u)Ljy ()jf(uvw) (w)dwdvdu;

nC

Coltay 2)= 5o = EnFct, (K, (y)cn<z>enc<t>genc<—r>jjsn<u>jcn<v>f 9. w.v.wT)

Xy -z
t

6, ()Gl g gy r - 27 S o (e, (y)e, (e O~ 2)x
ou LLL, :
x L 10C, o (u,v,w,7) T o=
x [c,(u)fs,(v)[c,(v)g, (uv,w,T) " dwdvdudz - ~>nF e (t)x
0 Xy 2 n=1

dwdvdudz, 121

t N\ 0C, ,(uv,w,7)

x¢,(x)e,(v)e, (@) e (=), (u) [e, ()]s, (V)g, (uv.wiT)

0 0 0 oW

2r = t x :
COl(X7y’Z ’t) = L Lﬂ-l_ nz—ln I:nCC’n (X)Cn(y)cn (Z)enC(t).([enC(_ T)an (u).[cn (V)Icn (W)X
Cy(u V,W,7)oC,,(u,v,w,7) 21 @
£ 2L dwdvdudzr—————YnF _c (x)c (y)c (z)e .(t
P}/(u VWT) au 2 LXLZyLanl nC n( ) n(y) n( ) nC()><
x ienc(— r)gcn(u)fsn(V)Tcn(w)g‘i“((s’\\//’\:’VV’_;; aCOO(l;’\\//'W’T)d wdvdudz— Li?eri ni;ln e (t)x

<0, (x)c, (V)e, 2)fe.c (e, (w)fe, (v )ISH(W)E‘}(([:J"\\/I,’VV\Z?;ac‘)‘)(;x’w’f)dwdvdudr;

0
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t Ly Ly L,
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